PE ON TAP CUOI KY II - LOP 12 - NAM HQC 2024 - 2025

DE 1

PHAN I. Chu triic nghi¢m nhiéu phwong 4n lya chon (3,0 diém). Hoc sinh trd 16i tir cdu 1 dén cau 12.
Moi cau hoi hoc sinh chi chon mot phwong an.
Cau 1. Cho ham sb f (x) xac dinh trén khodng K. Ham sd6 F (x) duoc goi la mdt nguyén ham ctia ham sb
f(x) trén K néu

A. F'(x)=—f(x),VxeK. B. f'(x)=-F(x),VxeK.

C. f'(x)=F(x),VxeK. D. F'(x) = f(x),VxeK.
Cau 2. Cho F(x) 1a mot nguyén ham cua ham s6 f (x) lién tuc trén doan [a;b]. Ménh dé nao dudi day
ding?

A. [ f(x)dx=f(a)—f(b). B. [ f(x)dx=f(b)~f(a).
C. Tf(x)dsz(a)—F(b). D. if(x)dx:F(b)—F(a).
Cau 3. Cho ham s f (x) lién tuc trén doan [a;b] , k #0. Ménh dé nao sau day ding?
A. ka(x)dx=k:[f(x)dx . B. ijf(x)dx=%:[f(x)dx .

C. j kf (x)dx = j F(kx)dx . D. j kf(x)dx:/ocj F(x)dx .

CAu 4. Trong khong gian Oxyz , mit phang x—5y +2z—4 =0 c6 mdt vecto phap tuyén 1a
A. n=(0;-52). B. n=(1;-5-2). C. n=(1;-52). D. n=(1;5;2).
Ciu 5. Trong khong gian Oxyz, cho duong thing A, di qua diém 4 (xl ; yl;zl) va co6 vecto chi phuong
u, = (a;b,;¢,), duong thing A, di qua diém 4, (x,5,;2,) va c vecto chi phuong u, = (a,;b,;¢,). Khi do A,
va A, chéo nhau khi va chi khi

A AL ] =0 B Adfni]=0 o]0 D[] =0
x=1473¢
Ciu 6. Trong khong gian Oxyz , cho duong thing d : y=—4+42t. Diém nao duéi day thuoe d?
z= —t
A. O(-1;40). B. M(3;2;-1). C. P(1;—40). D. N(-3;-2;1).

Céu 7. Trong khong gian Oxyz , phuong trinh nio trong cac phuong trinh sau 1 phwong trinh chinh tic ctia
duong thang?

x=1-t
A x—2y+z+3=0. B.+2Li+Z-0. c. X1y _z+3 D.{y=-3+2.
2 3] 2 31 1
z=
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x=—1+¢
Cau 8. Trong khong gian Oxyz , cho dudng thang d :{y =4+ 2¢. Vecto nao sau diy khong phai 13 vecto chi
z=2-5¢
phuong cua d?
A u=(24-10).  Bou=(-1;42). C.u=(12-5).  D.u=(-1-2;5).
Cau 9. Trong khong gian Oxyz , cho phuong trinh: x> + y* 4+ z° —2x 44y +2(m+1)z+m*> = 0. Vi gid tri ndo
ctia m thi phuwong trinh da cho 1a phuong trinh mat cau?

A. m<-3. B. m>-3. C. m=-3. D. m<-3.
Cau 10. Trong khong gian Oxyz , cho phuong trinh mit cau (S): (x+1)* +(y —3)> + z> =16 .. Tim tdm cta mat
cau (S).

A. 1(-1;3;0). B. /(1;-3;0). C. I(-1;3;1). D.1(-2;6;0).
| 5 ; x=2—t
Cau 11. Trong khong gian Oxyz, cho d, : xl_ = y+1 = Z; ,d,1y= —1+l(l € ]R). Tinh goc giira hai duong
z= t
thang d,,d, .
A. 90°. B. 60°. C. 45°. D. 30°.

Cau 12. Trong khong gian Oxyz , cho duong thang A c6 vecto chi phuong u= (a;b;c) va mit phang (P) c6 vecto
phap tuyén n = (4; B;C). Ménh d nao sau day ding?

A, sin(AL(P) = |ad+bB+cC| B. cos(A.(P)) = lad+bB +cC|
. ’ N+ + N+ B+ . , Vi +b2 +NAL+ B +C
ad+bB+cC |ad+bB +cC|

C. sin(A,(P)) =

D. sin(A,(P)) =

V@ +b +ENAL+B +C Ja + P+ + AL+ B +C
PHAN II. Cau tric nghiém ding sai (2,0 diém). Thi sinh tri 10i tir cdu 1 dén ciu 2. Trong mdi y a), b),
¢), d) 0 moi cdu, thi sinh chon dung hodc sai.
Cau 1. Cho hinh hop chit nhat 4BCD.A'B'C'D' dugc gén trén hé truc Oxyz nhu hinh v€ bén dudi sao cho
diém A trung véi gbc toa ddo O vaAB=2,4D=3,44"'=4.
a) Biém D(0;3;0).
b) Vecto u= (0;3;0) Ia vecto chi phuong cua A’ »
duong thang AD.
¢) Goc gitta hai duong thang A'D' va AC'
bang 45°.
d) Phuong trinh tham sb ctia dudng thing BC '
x=2
ady= 3t (teR). ¢
z=0
CAu 2. Trong khong gian Oxyz , cho phuong trinh mit cau (S) c¢6 phuong trinh: x> 4+ y> + 2> —2x+4y —4z=0
va diém A(2;4;-1).
a) Ban kinh ctia mit cau R =3.
b) Phuong trinh mit cau (S) duoc viét lai 1a (x—1)> + (y+2)* +(z +2)* =3.

¢) Biém A nam ngoai mit cau (S).
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d) Puong thang d cit mit cau (S) tai 2 diém A, B sao cho 4B =4. Khoang cach tir tim I dén duong

thang d bang 5.
PHAN III. Cau tric nghiém tra 101 ngan (2,0 diém). Thi sinh trd 16i tiv cdu 1 dén ciu 4.
b
. b . L.
Céau 1. Tinh jsmz Tae=2 VOl a,b,c e Z va b 1a phan s0 t61 gidn. Tinh abc .
a C C

0
Céu 2. Tinh dién tich hinh phang gi¢i han bdi y = —x* + 4x, y = x va hai duong thang x =1,x = 3 (két qua
1am tron dén hang phan chuc).
Cau 3: Trong hé truc Oxyz cho trudce (don vi trén tryc 1a mét), cho mot tram thu phat song 5G c6 ban kinh ving

phu song cua tram ¢ ngudng 600m dugc dat ¢ vi tri [ (200 ;450; 60). Tim gia tri 16n nhét cua m (lam tron
dén hang don vi) dé mot nguoi dung dién thoai & vi tri A (m +100;m+370; 0) c6 thé sir dung dich vu cua
tram noi trén.
Céu 4: Trong khong gian Oxyz, mét cabin cap treo &
Ba Na Hill xudt phat tir diém A(-2;1;5) va chuyén
dong déu theo duong cap co vecto chi phuong la
ii =(0;-2;6) véi tdc 40 1a 4 m/s (don vi trén mdi truc
toa do 1a mét). Gia st sau 5 (s) ké tir lac xuét phat ,

cabin dén diém M. Goi toa do M(a;b;c). Tinh

a+3b+c.

PHAN IV. Tw luan (3,0 diém). Thi sinh trinh bay 1oi gidgi chi tiét tiv cau 1 dén cdu 3.

Cau 1: Tim [ (3" +4x" —x+5)dx

Céu 2: Trong khong gian Oxyz, cho ba diém A(-1;3;2), B(2;0;1),C(3;1;,—4) .

a) Viét phuong trinh mat phang (ABC).
b) Tinh khoang cach tir diém M(-2;3;—4) dén mt phang (ABC).

Ciu 3: Mot qua bong rd duoc def}t 0 mdt goc cua can phong hinh hop ?h& nhét, sao cho qua bong cham Yé tiép x1:1c
v&i hai buc tuong va nén nha cia can phong do thi c6 mot diém trén qua bong c6 khoang cach lan luot dén
hai burc tuong va nén nha 1a 17¢m,18cm,21cm (tham khao hinh minh hoa). Héi d6 dai duong kinh ctia qua
bong bang bao nhidu cm biét ring qua bong rd tiéu chuan cé dudng kinh tir 23cm dén 24, 5¢m (két qua la

tron dén mét chir sé thdp phdn).

DE 2

PHAN I. Cau tric nghi¢m nhiéu phwong 4n lwa chon (3,0 diém). Hoc sinh trd 1oi tiv cau 1 dén cdu 12. Méi ciu
hoi hoc sinh chi chon mdt phwong dn.
Céu 1. Cho ham s f (x) xac dinh trén khoang K . Ham s6 F(x) duoc goi 1a mot nguyén ham ctia ham sé f (x)
trén K néu

A F'(x)=—f(x),Vxe K. B. /'(x)=-F(x),VxeK.
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C. f'(x)=F(x),VxeK. D. F'(x)= f(x),Vx e K.
Cau 2. Cho F(x) 1a mot nguyén ham cta ham sé f (x) lién tyc trén doan [a;b] . Ménh dé nao dudi day ding?

A. if(x)dx=f(x)|‘; = f(a)—f(b). B. jf(x)dxzf(x)ﬁ = £ (b)~f(a).
C. :bff(x)dsz(x)K = F(a)-F(b). D. jf(x)dx=F(x)|’; = F(b)-F(a).

Céu 3. Cho hai ham sé y = f (x) va y=g(x) lién tyc trén R . Ménh dé nao sau day sai?

A. J.[f(x)—g(x)]dx=If(x)dx—.|.g(x)dx.

B. J.[f(x)+g(x)]dx = If(x)dx+jg(x)dx .

C. ka(x)dxzkjf(x)dx v6i moi hing s6 k € R\{0} .

D. If(x).g(x)dx z.[f(x)dx.jg(x)dx.
Cau 4. Trong khong gian Oxyz , mat phang 3x—5y —2 =0 c6 mot vecto phap tuyén la

A. n=(3;50). B. n=(3-5-2). C. n=(3;-50). D. n=(-3-50).
Céu 5. Trong khong gian Oxyz , cho dudng thang A di qua diém 4, (x;y,;2,) va c6 vecto chi phuong
u = (a;;b,5¢,), duong thang A, di qua diém 4, (x,;y,;2,) va c6 vecto chi phuong U, = (ay;b,5¢,). Khido A,
trung A, khi va chi khi
A. LZ cung phuong véi Z va 4 €A,. B. uchmg phuong véi Z va A ¢A,.

C. LZ cung phuong véi Z va A, & A D. LZ khong cung phuong voi Z va 4 €A,

x=-3+t
Cau 6. Trong khong gian Oxyz , cho dudng thang d :{ y = 4+ 2¢ . Diém nao dudi day thudc d?
z=1—¢

A. O(-L-21). B. M (3;-4;-1). C. P(-3;4;1). D. N(1;2;-1).

Cau 7. Trong khong gian Oxyz , cho dudng thang d di qua diém A(xy; 45 2,) va co vecto chi phuong u= (a;b;c)

v6i a,b,c 1a cac s6 khac 0. Phuong trinh nao sau day 1a phuong trinh chinh tic ctia duong thing d ?

A xta_y+b_z+c XN _ YN _z-%4
X, Yo Z, a b c
C. x—a:y—b:z—c' D. x+x0:y+y0:z+zo'
X, Yo z, a b c
x=—1+3¢
Cau 8. Trong khong gian Oxyz , cho dudng thing d:{y=2—¢ . Vecto nio sau diy khong phai la vecto chi
z=4-4¢

phuong cua d?

A u=(%-3-12). B.u=(-1;24). C.u=(3-1-4). D.u=(-314).
Cau 9. Trong khong gian Oxyz, cho phuong trinh: x* + y* 4 z> —6x—2y +2(m +1)z +11= 0. Véi gia tri ndo cla
m thi phuong trinh da cho 1a phuong trinh mat cau?

A. m<0. B. m<0. C.m=0. D.m>0.

Cau 10. Trong khong gian Oxyz , cho phuong trinh mat cau (S): x* + y* 4+ z° + 6x — 2y +2z—5=0. Tim tim cia
mat cau (S).
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A. I1(-3;1;-1). B. /(3;-1;1). C. [(-6;2;-2). D. 1(6;-2;2).

x=1+4+2¢
Cau 11. Trong khong gian Oxyz, cho d, : x;2 = y;—l = 212, d,jy=1-t (ZGR). Ménh dé nao dudi day
z=2-3¢t
dang?
V91 V91
A. cos(d,,d,)=——. B. cos(d,,d,))=——.
( 1 2) 26 ( 1 2) 26
V91 V91
C.sin(d,,d,)=——. D. sin(d,,d,)=———.
(d),d;)=— (d),dy)=-—

Cau 12. Trong khong gian Oxyz , cho duong thang A c6 vecto chi phuong u= (a;b;c) va mit phang (P) co vecto
phép tuyén n= (4; B;C). Ménh dé nao sau dy dung?

A. sin(A(P)) = |lad+bB +cC| B. cos(A.(P)) = lad+bB +cC|
' ’ J +0 + N2+ B+ , Vi +b2+NA+ B +C
ad+bB+cC |ad+bB +cC|

€ sin(A.(0) Ja +b* + A4+ B+ C? D sin(&, () Ja +br v A2+ B+ CF

PHAN II Cu triic nghiém ding sai (2,0 diém). Thi sinh trd 10i ti cau 1 dén cau 2. Trong méi y a), b), ¢), d) &
moi cdu, thi sinh chon diung hodc sai.

Cau 1. Cho hinh hop chit nhdt ABCD.A'B'C'D' duoc gén trén h¢ truc Oxyz nhu hinh v€ bén dudi sao cho diém

A tring voi gbctoa dd O vaA'B'=5,4'D'=3,44"'=17.

a) biém C(5;3;0). ’:I
N ..' ' .nu
b) Vecto u=(5;3;0) la vecto chi phuong cua
duong thang A'C". B', o
¢) Goc gitra hai duong thfn}g A'B'va AC' bang 60’
. d) Phuong trinh tham s6 cua duong thang BB' la y
A, J —
x=5 D
y=0 (teR). BY }
z= t X G

Cau 2. Trong khong gian Oxyz , cho phuong trinh mit cau (S) c6 phuong trinh: x> + y* + 22 —4x+2y—6z—-2=10
va diéem A(0;-1;1).
a) Ban kinh ctia mat cau R =16.
b) Phuong trinh mit cau (S) duge viét lai 1a (x—2)* +(y+1)*> +(z—3)* =16.
¢) biém A nam trong mit cau (S).
d) Puong thang d cit mit cau (S) tai 2 diém 4, B sao cho AB = 6. Khoang cach tir tim I dén duong thang d bang 7.

PHAN III. Céu tric nghiém tra 16i ngin (2,0 diém). Thi sinh trd 16i tiv cdu 1 dén ciu 4.

T

2
. 1 2
Cau 1. Tinh I(smx+ > jdxza—i,an.Tinha.
0 cos” x a

Céu 2. Tinh dién tich hinh phang dugc cho boi hinh vé sau (két qua lam tron dén hang phan chuc).
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Cau 3. Khi dit hé toa d0 Oxyz vao khong gian v6i don vi trén tryc tinh theo kilomét, ngudi ta thiy rang mot khong

gian phi séng dién thoai c6 dang mot hinh cau (S) (tap hop nhiing diém nam trong va nam trén mit ciu tuong tmg).

Biét mit cau (S) c6 phuong trinh x* + y* + z2 —2x -4y —6z+5=0. Khoang cach xa nhat giita hai diém thudc ving

pht song 1a bao nhiéu kilomét?

Cau 4. Trong khong gian véi hé truc toa do Oxyz , dai kiém soat khong luu san bay co toa do O(O; O;O) , mdi don vi
trén truc ing voi Lkm . May bay bay trong pham vi cach dai kiém soat 417 km s& hién thi trén man hinh ra
da. Mot may bay dang & vi tri 4(—688;—185;8), chuyén dong theo theo dudng thang d c6 vécto chi
phuong 1a u = (91;75;0) va huéng vé dai kiem soat khong lwu. Goi B(a;b;c) 1a toa d vi tri sém nhat ma

may bay xuat hién trén man hinh ra da. Tinh a+b+c.

PHAN IV. Tu luan (3,0 diém). Thi sinh trinh bay 1oi gidi chi tiét ti cdu 1 dén cdu 3.

Ciu 1: Tim _[2.exdx + _[(4x3 —x+5)dx

Céu 2: Trong khong gian Oxyz, cho hai diém A(4;-3;1), B(-2;0;1) va vecto 7;= (3;1;,-5).
¢) Viét phuong trinh mit phang (P) qua A va nhén 1 1am vecto phap tuyén.
d) Tinh khoang cach tir diém B dén mit phang (P).

Cau 3. Cong ngh¢ hd trg trong tai VAR (Video Assistant Referee) thiét lap mot hé t()a‘d(f) Oxyz dé theo ddi vi t‘ri cla
qua bong M. Cho biet M dang nam trén mat san cd phuong trinh z=0, dong thoi thudc mat cau co
(5): (:1: - 32)2 + (y - 50)2 + (z - 10)2 =109 (don vi d6 dai tinh theo mét). Goi J 1a hinh chiéu vudng goc ciia tim I mit

cau trén mat san. Khoang cach tur vi tri M cla qua bong dén diém J bang bao nhiéu?
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